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Abstract — The paper presents the mathematical model
of an automatic system for the sealed cabin airflow
regulation using indirectly action airflow regulator. The
goal of this Automatic Regulation System (ARS) is to
constantly provide a certain pressure in the cabin,
accordingly to the altitude. After deducing the
equations of the system and the state equations that
characterize it, the authors of the paper have simulated
the system in Matlab/Simulink medium in order to
analyze the ARS’s dynamic characteristics; thus, using
a Matlab/Simulink model and a Matlab program, time
characteristics representing the time variation of the
non-dimensional cabin pressure, time variations of the
non-dimensional displacement of the sensitive element
and time variation of the non-dimensional regulator
surface have been obtained. One highlights the
disturbances that act on the system and the transfer
functions which express the response of this system to
these disturbances and one makes assessments regar-
ding these disturbances’ influence upon stabilization of
the cabin pressure. The originality of this work is the
obtaining of the system’s mathematical model and the
analysis of its dynamic behavior (the obtaining of the
transfer functions, poles, zeros, stability’s analysis,
response of the system to one or two inputs and so on).
The duration of the transient regime is about 18
seconds. In general this transient regime isn’t a good
one, but, in this case, this transient regime’s duration is
good because the system of pressure’s regulation is a
slow system (the pressure’s regulation must not be done
very quickly). The system is stable (the step responses
of it proves this fact).
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1. INTRODUCTION

The goal of the Automatic Regulation System (ARS) is
to constantly provide a certain pressure in the cabin,
accordingly to the altitude. The main methods of airflow
automatic regulation are: compressor provided airflow
control, control evacuation of the surplus of a constant
airflow provided by the compre-ssor and the control on
the cabin compressor [1], [2], [3], [4], [S]- The structure
of the system is presented if figure 1 (1-variable valve; 2
— servo-piston; 3 — distributor; 4 — Venturi tube; 5 —
manometric capsules; 6 — aneroid capsules; 7 -
compressor). In the stationary regime the plate of the
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distributor 3 is on the mid position and prevents air to
eject into atmosphere. If the airflow increases, the
pressures are no more even (pk -p, * 0); hence, the

plate changes its position; thus, the hatch 1 rotates,
opening the exhaust of air in the atmosphere. In the case
of airflow decreasing, the system reacts in the same
manner backwards.

2. SEALED CABIN’S EQUATIONS

Using notations from figure 2, the compressor
airflow O, has two components: O, — the airflow

transmitted to the cabin and O, — the atmosphere
evacuated airflow.

O =0 + 0. @)

The status equation for the sealed cabin can be
written as

p.V. =m.RT?, 2)
which leads to the differential form
v, % = RT? —dg’c :
t t (3)
e 0 -0.-0,-0
dr k e r I

In dynamic regime, first equation (3) becomes

Vc %Apc = RTUO(AQk - AQe - AQr - AQf)’ @)

with

AQk - (a_k] Apk + (%J v [%J ATka
opy, 0 ap, 0 k Jo

AQe =(6QL] Apk +(%J e+[%j ATk!
P 0 oS, 0 oT; 0 )

A0, :(@j A, (QJ AS,,
P ), aS, ),
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Figure 1: Automatic system for the airflow regulation using indirectly action airflow regulators

Figure 2: The sealed cabin —schematics structure

Replacing these equations in (4) and adopting dimen-
sionless variables

:]_jgy :]_Qk9 . :_V; _ek;
PN PN PN Kmax
AS - AS - A A
- :Sra = :Se; Qk =4y, QV =49, (6)
Srmax Srmax Q’max Q’max
A, g2 _
thax f , thax ‘
equation (4) becomes
T, %ﬁc +kp, + k.S, +k,p, = F(t), ()
where
14
v = PN ®)
RTCOthaX
is the cabin filling constant,
0 oq 4 0 0
= | S|y Y|y Y| (9)
al_jl.v al_j(,Y 0 aSI‘ O va
k is the auto-equalization constant, k&, — the

constant which characterize the position of the
regulation element in the exhaust tube;

a4, ] _ [fm ] [6612] 5 (10)
Y _ 5, +| Sk _ 0, —| de | 5
(6]71{ 0 ¢ aek 0 g aSr 0

is the time function which describes the perturbation.

aq,
Oy

aq,

F(¢) 0,
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3. ELASTIC SENSITIVE ELEMENT EQUATION

The elastic sensitive element and its characteristic
parameters are presented in figure 3.

Figure 3: Characteristics of elastic sensitive element

From state equation, expressed for the volume of the
gophred component, after derivation, one yields (one

has assumed that AV = 0 and Iy =0)

dr
v s _ pp 97
dr dr
(1D
dmg 0
dr = Ytube *
The mass debit is [6]
Qtube = pth‘;be = pV() Qt‘;be =
v dl (12)
= _— —_ )= N — )
Po Tagn 1 (p, - p,)=Nep,, (p, - P,)

where p, = p, is the air’s density in the exhaust,
n — the dynamic viscosity in the capillaries, d, —
and /, — the diameter and length of the capillary
tube; N = n/128n and ¢ = d;} /1, .

From the previous two equations one gets the
dynamic regime equation
d
T EAPS +Apg = Ap,, (13)

with t, =V, /RTNgp,, — the time constant of the
gophred tube.
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Noting with x, — the movement of the rigid center

of the gophred tube, one obtains the forces
equilibrium equation [7]
Ss(pk _ps): ksxs ’ (14)

where S, represents the effective surface of the
gophred tube and &, — the elasticity constant.
In dynamic regime

Ss(Apk - Aps) = ksAxs : (15)

Thus, if Ap, # 0 = Ap, # 0 and eventually Ax, = 0.
In the same time, variation (pk - pko) induces a
deformation of the capsules, and consequently a

supplementary moment of the rigid center of the
gophred tube x,

Sa(pk - pko): kaxa’

(16)
SaApk = kana ’

where S, represents the effective surface of the cap-
sules and k, — the elasticity constant of the capsules.
The total displacement of the sensitive element is

S

= 4

(ps - pk0)+S—S(pk - p,)- (17)
3 3

a N

The dynamic regime is described by equation

k. S k
Ap. =|1+-222 |Ap, — =5 Ax. 18
\D ( i, Ssjpk s, (18)

Substituting Ap; in equations (13) and (18) one gets

ky d kS, d
— |ty =M+ Ax|=|1+— T
S de k.S

— Apy + Ap,
_Apv

dr j_(19)

or
v L kp, = 1), 20)

where

k‘!) — SspN ,
k. x

S77max

@n

kS SG
kll SS

S
7(0)= 22

§7'max

17k+l_7kj-

sl

4. THE SERVO-PISTON EQUATION

With sufficient precision one may describe the equa-
tion of the piston as
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(22)

y max

s — time constant

(accordingly to the maximum travel of the distri-
butor’s plate). One yields [§]
ds,
Te =
dr

with y — the piston moment, 1

-X, (23)
with 1, — the working element time constant.

The dependence between pressures p, and p, may
be expressed using one of the two forms (p — the

loss of pressure between minimum section of the
Venturi tube and the section of the entrance of the air
in the cabin)

= + 5
Py =P +P (24)
Ap, = Ap. +Ap
or using non-dimensional variables
B, =P +D. (25)

5. MATHEMATIC MODEL OF THE ARS

The mathematical model of the ARS is described by
equations (7), (20), (23) and (25)

T, %ﬁc +kp, +k,S, +k,p, = Flt),
-

Ts5+x+kvpv _f(t)’ (26)

ds

T, —
dt
Dy =D.+D.

>

Substituting p, in the second and the fourth equation

(26), one obtains the equations in the complex
domain

k(t,s +1)p, + k.8, = G(s),

(v + 1)x + k. p, = gls), (27)
resge =-X,
where
k., =k+k,,
T =T kg, 28)

6(5) = Fl8)— &, 716)
o) = 16)- K505).

The block diagram of the system described by equa-
tions (26) is presented in figure 4.
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Figure 4: The block diagram of the ARS

The system from figure 4 may have another form if
instead of two inputs (the two disturbances) one uses
an equivalent disturbance

Hs) = Gls) + ls) — ¢

oo )
_ tslts+1)-Gls +kevgs)~ k,
) = 7,5(t,s +1) Tors(ts+1) gls)

One may conclude that the influence of disturbance
g(s) on the non-dimensional cabin pressure p, is

higher than the influence of disturbances G(s).

Because the system has two inputs and one output,
one may obtain two transfer functions

_ 2
=28 mans
G(s) A-s>+B-s+C-s+D (30)
H (S): Ec(s) — ke
2 gls) A4-s*+B-s2+C-s+D
where
A=k, B = che(Tk +TS); G1)
C=kr,D=kk,.
Thus,
Pc = Hl(s)'G(s)+H2(s)~g(s). (32)

Taylor series expansions of the two transfer functions
H,(s),i = 1,2 is made using the formula

H,(s)= H,(0)+ (—aH"(S)j s 33)
os ),
one yields
Hys)= s Hys) = - — KeTe o 34
ST kAT TR kK

Thus,

1 k.7,
P = -

ko k.,

2 s-G(s)+[

kek,

sJ - g(s). (35)

In the stationary regime s-G(s)= 0 and the above
equation becomes

5=
P K

- gls).

The equations (26) or (27) may be written in the
matriceal form. If one chooses the state vector

(36)

Z= [ﬁe x EE]TE the input vector w=[G g|’, the
state equation has the form

z = Az + Bw, 37
where
[ —-1/1, 0 -k, /k.ty
A=|-k, /1, —1/1, 0 ;
I 0 -1/t 0 (38)
l/kCTk 0
B= 0 -1/,
0 0
6. NUMERICAL SIMULATIONS
Having the values of the parameters of ARS
0, ~=0.153kgs,V, = 0.5m?, R = 287 J/kgK,
19 =22°C (19 = 295K) py =105 N/m? 1, = 0.1s,
1, =10s,8, =5-10* m?,k, =k, =103 N/m,
S, =5-10m?, Ap, / py =102
a m-, pc PN ’ (39)
AQ, /0, =8-1072,A0,/0, =2-1073,
(AQk /thax )pv=com't. = 5 ' 10_2’
—_9.10-2
(AQG /thax )Se:cvnst. =2-10 ’
(a0, 70, ) =2.1072, 5 = 107",

max / p, =const.
one computes the coefficients of the equations in the
mathematical model. Using (8) one results 1, = 4s
and using (9) one gets

k=1k, =5k =1 (40)

pc

h
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g1

¥

g

Figure 5: The Matlab/Simulink model of the system from figure 4
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The value of disturbance F/(¢) is obtained using (10);
F (t) =102, With equations (21) one results &k, =5
and f(t) = 0.11, while using (28) one obtains
k., =27, =25,G=-099,g=-039.

Using the Matlab/Simulink model from figure 5 and
a Matlab program one has obtained the graphic

characteristics from figures 6, 7, 8 and 9.
The poles of the system prove the system’s stability

s, = —10.064;
s, =—0217 +0.757 i; (41)
sy =—-0.2175 - 0.7571.
The two transfer functions in closed loop are
7.(s) s2 +10s
H, (S) = = ’
G(s)  4s3 +42s% +20s + 25
~ (42)
H (S) _ Pe (S) _ 5
2 - = 3 ) .
gls) 483 +42s52 +20s+25
& 05 ; 0.1
I
g T :;
5 é ‘ :
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Figure 6: Time characteristics for the system
with the input G

The graphic characteristics from figure 6 correspond to
the first input G. These are the time variation of the

non-dimensional cabin pressure p,., time variations

of the non-dimensional displacement of the sensitive
element x and time variation of the non-dimensional

regulator surface §e . Same graphics are presented in

figure 7 but for the system with only one input (the
second input g). In figure 8 one presents the same

graphics, but, this time, for the system with 2 inputs.
The three variables are the sum of the same three
variables corresponding to the system with input one
or to the system with input two. In figure 9 the step
responses for the system are presented (each step
response corresponds to a transfer function and to one
input).
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Figure 7: Time characteristics for the system
with the input g
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Figure 8: Time characteristics for the system
with the inputs G and g
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Figure 9: Step responses of the ARS system

As one can see from the previous figures the system
is a stable one. The duration of the transient regime is
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about 18 seconds. In general this transient regime
isn’t a good one, but, in this case, this transient
regime’s duration is good because the system of
pressure’s regulation is slow system (the pressure’s
regulation must not be done very quickly).

7. CONCLUSIONS

One studies an automatic regulation system of the
airflow into the aircrafts’ cabins; this is a subsystem
of a pressure system. One has presented non-linear
and linearised mathematical models in two variants:
dimensional and non-dimensional.

One highlights the disturbances that act on the system
and the transfer functions which express the response
of this system to these disturbances and one makes
assessments regarding these disturbances’ influence
upon stabilization of the cabin pressure.

One may conclude that the influence of disturbance
g(s) on the non-dimensional cabin pressure p, is

higher than the influence of disturbances G(s).

For a set of system parameters’ values one obtained
the Matlab/Simulink model which permits the obta-
ining of graphic time evolution of the system state
variables.

The system is a stable one. The duration of the tran-
sient regime is about 18 seconds (this transient regi-
me’s duration is good because the system of pre-
ssure’s regulation is slow system - the pressure’s re-
gulation must not be done very quickly).
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