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Various methods and approximations have been presented in the specialized literature to determine the dielectric
stress
which
occurs
when
the
transformer/autotransformer undergoes lightning impulse testing.
As the analytical approach to the determination of the
response of the windings to the lightning impulse stress
became complicated with the transition from uniform
windings to interleaved windings, this problem was transferred for solving to numerical methods for solving differential equations that define electromagnetic phenomena in
the transformer. At the same time it was passed from the
theories of the standing waves, respectively, travelling
waves applied to determine the response of transformer
windings at surge stress to the simulation of the winding
with circuits with lumped parameters. The analysis of
such a network divided into a finite number of uniform
sections, by using the Laplace transform was presented in
[1].
The application of the Runge-Kutta method to solve the
2nd order differential equations for the purpose of determining the distribution of the voltage impulse along the
winding of a transformer was given in [2].
In [3] is approached the equivalent network of a threephase transformer which is characterized by a 2nd order
equation with matrix coefficients. This equation is solved
by the Milne method [4]. The same type of equation is
solved in [5] and [6] by converting it into a system of two
ordinal 1 equations, which in turn were solved by recursive integrations.
The MATLAB Program currently has a standard function, built to solve the 1st order systems [7]. If the equivalent circuit of the windings also contains mutual inductances, they are replaced by uncoupled elements by using
the analytical relations presented in [8]. In this way the
circuit can be analyzed by using the methods described
above, because it is a purely resistive circuit.
The difficulty of achieving the equivalent circuit is given by the existence during the transient regime, of both the
electric field and the variable magnetic one over time.
The two fields influence the value of capacitances, of
the self-inductance and mutual inductance and of the resistance. In order to reduce the difficulty of solving partial
differential equations, the analyzed winding is described
by sections where the inductances and capacitances are
represented by lumped parameters, and partial differential
equations are approximated by ordinary differential equations that are resolved by numerical analysis.

Abstract -This paper presents two methods for determining
the dielectric stresses occurring in the tap winding of a
lightning pulse autotransformer. The first method is to implement the equivalent circuit using the ATP / EMTP program, and the second method consists in testing the autotransformer at a low voltage impulse before being put into
the tank. The design of the autotransformer was done taking into account the results obtained with ATP/EMTP. This
fact allowed the design of the winding structure as well as
their location in space to obtain uniformly distributed overvoltages along the axial and radial direction of the coil assembly. The results of the laboratory tests performed on the
autotransformer, validated the results obtained with ATP /
EMTP.
Cuvinte cheie: bare capsulate, curenţi intenşi, model magnetic
in regim armonic, model termic staţionar, probleme cuplate.
Keywords: autotransformer; lightning impulse; transient regime.

I. INTRODUCTION
The transformer is the most important equipment in the
electric power transmission and distribution system. Its
importance derives both from its high cost and from the
fact that it ensures the proper operation of the national
energy system.
Extreme dielectric and mechanical stress occurs in the
case of transient regimes such as: overvoltage caused by
lightning impulse, no-load connection and two or threephase short-circuit.
Since surges can cause major malfunction in transformers, it is of great interest to improve the models for computer-assisted simulation of transformer phenomena aiming at a correct prediction to eliminate the negative consequences.
The optimization of the design leads to the reduction of
the manufacturing costs by using the minimum quantity of
oil, paper, cardboard, stainless steel, copper wire and electromagnetic board, but also the decrease of the failure rate
during the technical performance validation tests. The use
of advanced modeling techniques for the electric and
magnetic circuits implemented in high-performance numerical resolution programs provides research tools both
for designing the structure of the windings and for locating them in order to achieve evenly distributed overvoltage.
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One of the most accurate descriptions of the equivalent
circuit is the description of the winding by the capacitance
between the turns, resistances and the associated inductances [9].
Another proposed model [10], [11] consists in the representation of the transformer by two electromagnetic
coupling circuits. In this model, the variable magnetic flux
over time induces in the electrical circuit a voltage that
establishes a level of the electrical current, which by the
resulting current linkage constitutes in the magnetic circuit
a source which, depending on the magnetic reluctances,
establishes a new level of magnetic flux.
The models based on the inductance and selfcapacitance of an area in the winding interfaced with a
magnetic core model by using the duality principle are
described in [12], [13], [14].
Based on the principle of electric and magnetic coupling circuits Dommel achieved the first variant of the
ATP/EMTP program [15].
ATP/EMTP (Alternative Transient Program – Electromagnetic Transient Program) is used worldwide for the
analysis of the switching phenomena and the propagation
of lightning wave on the lines of transmission or distribution of electricity, the coordination of the network insulation and the study of voltage oscillations, the modeling of
relay protection, the study of harmonics and the quality of
electricity [16-19].
The ATP/EMTP program package is a very powerful
software means for analysis of transient regimes in electrical networks of high voltages, which gives the user the
possibility of modeling the polyphase networks of the
extended networks [20], [21] as well as the investigation
of faults in the electrical network [22], are associated with
a high computing speed.

The tap winding is executed from the CTC (Continuously Transposed Conductor) (see Fig. 2) conductor and
the type of winding is continuous in two layers (see Fig.
3).

Fig. 2. Conductor CTC (Continuously Transposed Conductor).

II. THEORETICAL CONCEPTS
Test circuit with lightning impulse of the autotransformer is shown in Fig. 1, and the layout of the tap coil
relative to the tertiary (T), secondary (JT) and primary
coils (IT) in Fig. 5.

Fig. 3. Placing in two layers of tap coil turns.

The CTC is used the most for the windings of power
autotransformers/transformers. It consists of a set of
enamel rectangular conductors, usually with PVF enamel,
which are twisted to create a rectangular cable. In this set
each wire takes successively and repeatedly every position
possible within the cross section of the conductor.

Fig. 1. Test circuit with lightning impulse.
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The bulk wires are wrapped in pure cellulose paper
strips. This conductor is used to manufacture low-loss
windings for high-power autotransformers/transformers.
The increase of power of autotransformers/transformers
has intensified the need for increased efficiency.
According to the “Ecodesign” European Directive it is
necessary to drastically reduce the losses that occur at the
operation of an autotransformer/transformer and the use of
the CTC windings has improved this important feature of
the construction of autotransformers/transformers.
The adoption of the CTC presents a great advantage by
reducing the losses through eddy currents, especially at
the end of the windings.
In addition, a considerable increase in the winding
space factor is possible, due to the very small thickness of
the insulation of separate conductors and it is possible to
obtain a more uniform distribution of the temperature
from one end to the other of the winding.
An electrical circuit consists of two CTC conductors in
parallel (see Fig. 4)

N - number of turns of the first layer, a1 - mean radius of
the coil, l - the length of the coil between two consecutive
steps of the tap coil.
The inductance of the second layer is different from that
of the one layer medium radius of the winding having
another value ( a2 ) [7]:

4 L2   0  N 2 

  a2
l

(2)

B. Calculation of capacitances to ground
Capacitance between the tap coil and the tertiary coil
(neglecting solid insulation):

C R T 

2     0   ru  l
R
ln ir
Ret

(3)

0 - electric permittivity of vacuum, ru - electric permittivity of oil, l - length of tap coil, Rir - inner radius of tap
coil, Ret - outer radius of tertiary coil.
C. Capacitance between tap coil and secondary coil (LV)
RiJT - represent the inner radius of secondary coil and
Rer - outer radius of tap coil

Fig. 4. Explicit transposition inside CTC conductors.

CR  JT 

2     0   ru  l
ln RiJT
Rer

(4)

D. Calculation of capacitances between the two layers of
the tap coil at the free end area

C1 9 

2     0   ru  lr
ln Ris 2
Res1

(5)

lr - length of the segment in the coil of the tap winding
containing its potential-free end;
Ris2- the inner radius of the layer 2;
Res1- outer radius of the layer 1.
Due to the fact that the first layer has 8 segments, each
of 8 turns, lr 
Fig. 5. Tap coil layout.

E. Calculation of series capacitance of tap winding
If the tap winding has 8 electric circuits with 8 turns in
the circuit, we approximate that the voltage is evenly distributed along the 64 turns.
If the voltage applied at the end of the winding is noted
“U”, it results that the voltage on the turn is “U/64”.
Considering that when switching from a position of the
load control switch, the next position creates surges up to
20 times higher than the voltage on a coil, increasing the
insulation, for example: twice the insulation between the

A. Calculation of self-inductances
The inductance of the layer placed on the insulating cylinder of the coil [7]:

4 L1   0  N 2 

  a1
l

l
:
8

(1)

where: L1 - is the inductance of one of the four sections
forming the first layer, 0 H / m - magnetic permittivity,
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C s  3.2  C total

neighboring spirals exit to the switch at each stage of adjustment.
Thicker paper insulation means reduced capacitance between turns, which is offset by increased capacitance
through end effect. The energy stored in the tap winding
has the following expression [7]:

2
2
  1
 U  
 2U   1
E R  86  C   8 
    C  8    
 64  
 64   2
  2
2

 U  
 7  7  C   7   
 64  


F. Calculation of tap winding resistance
With Rcc we note the measured DC resistance of a tap
step. For the equivalent circuit of the tap winding, the resistance will be calculated taking into account the penetration of the electric field with the electrical frequency of 15
kHz to the conductor winding.
The frequency of 15 kHz is specific to the lightning impulse wave front [10]. Corresponding to this frequency,
the penetration depth is 0.6 mm, according to the relation
[7]:

(6)



where: C represent the capacitance between two turns.
In the equation (6), by twice increasing the thickness of
the insulation to 6 pairs of coils adjacent to the output of
an adjustment step, for the energy conservation doubled
the voltage on the coil.
Usually the insulation is increased for the next 3 adjustment steps, in both directions, adjacent to the adjustment voltage corresponding to the rated voltage.

R  Rcc

Scu
S*

(13)

SCu - the conductor section,

2

S *  2   r 

(7)

7
7 U
 C 
 1.6  C  U 2
2
642
If we note with Cs1 the total series capacitance of a step
in the tap winding, it results from the equality between the
stored energy that:

3.2  C  U 2 C s1  U 2

2
2

r - the copper conductor radius,

 - the depth of penetration of the electric field in the
copper section.
Input capacitance value can not be increased enough to
provide insulation between inlet and coil layers. For this
reason, it is necessary to determine by numerical modeling
the voltage level that occurs at the endless potential end of
the control winding. This optimizes the level of insulation
required in the tap winding area.

(8)

so C s1  3.2  C

III. SIMULATION RESULTS
This choice was made taking into consideration the statistical results of the defects occurred after the laboratory
testing with high voltage lightning impulse (for voltage
rating 400kV the impulse voltage level is of 1425kV, and
for voltage rating of 231kV the impulse voltage level is of
1050kV, according to standards [23], [24].
The surge that occurs at the potential-free end of the tap
winding is due to its free oscillation.
The model of tap winding energized directly by the
lightning impulse (see Fig. 1) is an R-L-C network with
lumped parameters invariable in time (Fig. 6).
For the validation of the proposed model was performed this test with low voltage lightning impulse.
The circuit proposed to be implemented in the
ATP/EMTP program, is for a three-phase oil immersed
autotransformer
ATUS-OFAF
400/400/80MVA;
400/231±8x1.25%/22kV (see Fig. 6). The program has a
library of comprehensive electrical symbols and an interactive interface that allows the achievement of the wiring
diagram and the analysis of the operating conditions without delay.

The capacitance between two turns is calculated by the
relation:

 0   h    Dm hc  k 

(9)

th

(14)

S * -the equivalent section for high frequency

2

where:
0 - is the permittivity of vacuum,
h- relative permittivity of the oil-impregnated paper,
Dm--average diameter of the tap winding,
hc- height of conductor in radial direction,
k- end effect coefficient (k=0,025),
th - thickness of paper insulation.
The total capacitance between turns is:

C total  4  C

(12)

where:
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It results that the equivalent resistance for a tap step is:

2
2
 1
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 16U  1
ER  8  6   C  
 
  C 
 64  
 64  2
 2

2

(11)

(10)

The total series capacitance of a control step of the
winding has the value
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The results obtained with the ATP/EMTP program for
three-phase autotransformer ATUS-OFAF 400/400/80
MVA; 400/231±8x1.25%/22 kV are presented in figures
7, 8, 9.
According to the literature [1], [2], [6] and [7] in order
to obtain a uniform distribution of the lightning impulse
voltage, the size of the input capacitance must be as large
as possible, and the ratio between the magnitude of the
series capacitance of the adjustment infiltration and the
size of its capacitance towards the ground is approaching
the unit.
The input capacitance value cannot be increased
enough for reasons of insulation insurance between the
input turns and between the layers. For this reason a compromise is made between the level of insulation of the end
free of potential of the tap winding. These insulation levels are influenced by the level of insulation between the
turns of the winding. To optimize these levels it is necessary to use the specialized ATP/EMTP program.

In order to highlight the importance of choosing the
type of interweaving and the reciprocal lay-out of the two
winding steps, two other cases were simulated where the
capacitance had the values:0.34 nF and 9.78 nF.

Fig. 7. The waveform of the surge transmitted at the free end of the
tap winding of an autotransformer (ATP/EMTP).

In Fig. 6 it is presented the circuit proposed to be implemented in the ATP/EMTP program where
CR  JT / 3 and CR T / 3 - represent the dynamic capacitances between the tap winding and the secondary winding
with earthed neutral, respectively between the tertiary
winding and ground.

Umax trans=1.28*Umax imp, tUmax=5.5 µs, f=93 kHz

In the first analyzed case the capacitance C19 has the
value, and the waveform obtained is shown in Fig. 6.

Fig. 8. The waveform of the surge transmitted at the free end of the
tap winding of an autotransformer when the capacitance is 0.34nF
(ATP/EMTP).

Umax trans=1.45Umax imp, tUmax=23 µs, f=111 kHz

Fig. 9. The waveform of the surge transmitted at the free end of the
tap winding of an autotransformer the capacitance is 9.78 nF
(ATP/EMTP).

Fig. 6. The circuit proposed to be implemented in the ATP/EMTP
program.

Umax trans=1.26Umax imp, tUmax=5.5 µs, f=94.3 kHz.
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The oscilloscope was programmed to display the maximum values of the two phenomena recorded as well as
the time bases (common for both phenomena) and amplitude (two scales 20V/div and 50V/div respectively).
The results obtained in the test laboratory for a threephase autotransformer 400 MVA/400kV are presented in
Fig. 11.
Compared to the results obtained from the simulation,
(see Fig. 7, 8, 9) the differences are very small.

IV.
EXPERIMENTAL RESULTS
The structure of the circuit for experimental determination of surges that propagate at the free end of the tap
winding of a autotransformer subjected to low voltage
lightning impulse is presented in Fig. 10.
Measuring equipment and apparatus contained in the
measuring circuit for voltages transmitted are: Repeated
impulse generator (GIR), 100W/220V, 50Hz HAEFELYSwitzerland; Oscilloscope type AGILENT 54624A, USA;
Pentium 4 computer.
For an autotransformer, single low-voltage impulses
were applied to position 8 of the tap winding a lightning
impulse type voltage with the maximum amplitude of 120
V and the time parameters 1.2/100 μs and was recorded
the surge transmitted at position 1, which represents the
free end of the tap winding.

V. CONCLUSIONS
For the validation of the electric circuit with the concentrated parameters implemented in the ATP / EMTP
program, as well as the formulas for calculating the concentrated parameters from the electrical circuit, the solution of comparing the simulation result with the result of
the direct measurement of the overvoltage transmitted to
the free end of a real adjustment winding was chosen (
from the construction of an autotransformer with the power of 400 MVA and the nominal voltage 400 kV) by injecting a pulse with the time parameters 1.2 / 100 µs and
the maximum amplitude 120 V.
There are very small differences between the results obtained by applying the two methods presented in this paper, the percentage error between the value of the voltage
obtained by simulation and the one resulting from the
measurement is 0.3%.
The analysis of the results shows that it is important for
the value of the tap winding input capacitance to be greater than the dynamic capacitance between tap winding and
ground. The value of the input capacitance cannot be increased sufficiently due to the insulation between the
winding input turns and between layers. For this reason, a
compromise is made between the level of insulation of the
free end of the tap winding potential and the level of insulation at the input of the tap winding. These levels of insulation are determined by the level of insulation between
the turns of the windings.
At the first analysis it can be concluded that the use of
this type of winding is perfect, but taking into consideration the difficulty of the execution of this type of winding
and the duration necessary to achieve it arises the problem
of reduced productivity. By numerical modeling of the
transient phenomena manifested in the windings, new
solutions can be implemented, such as the winding interleaved in steps at which the element subjected to optimization is the length of the winding section interleaved and
the rest achieved with continuous winding and also how
the connection is made with the partially interleaved tap
winding.
In the case study presented it was analyzed the importance of sizing the axial insulation at the ends of the tap
winding and the importance of the connections between
the wires in the structure of the transposed conductor
(CTC).
The modification of the longitudinal and radial insulation between the layers of the coil led to obtaining different values of the surges transmitted at the free end of the
tap winding. To obtain a value of the voltage distribution

Fig. 10. The circuit for experimental determination of surges that propagate at the free end of the tap winding of a autotransformer subjected
to low voltage lightning impulse.

Fig. 11. The recorded waveform of the voltage transmitted at the free
end of the tap winding of a 400MVA/400kV autotransformer when it
was subjected to lightning impulse.

constant

Umax trans=1.28Umax imp, tUmax=5.5 µs, f=100 kHz.



Cm
, as close as possible to the value
Cs

“1”, it was imagined an original system for potential reali-
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zation of the conductive elements in the structure of the
CTC conductor.
The design of the autotransformer was done taking into
account the results obtained with ATP / EMTP. This fact
allowed the design of the winding structure as well as their
location in space to obtain uniformly distributed overvoltages along the axial and radial direction of the coil assembly. The results of the laboratory tests performed on the
autotransformer, validated the results obtained with ATP /
EMTP.
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